trigonometric identities worksheet with
answers

Trigonometric identities worksheet with answers offers an essential resource for students and
educators alike, facilitating the understanding and application of trigonometric identities in various
mathematical contexts. Trigonometric identities are fundamental equations involving the angles and
sides of triangles, which can be utilized to simplify expressions, solve equations, and evaluate
functions. This article will delve into the significance of trigonometric identities, provide a
comprehensive list of key identities, outline a worksheet with problems, and offer detailed answers for
each problem to enhance learning and comprehension.

Understanding Trigonometric Identities

Trigonometric identities are equations that hold true for all values of the involved variables. They play
a crucial role in trigonometry, calculus, and various applications in physics and engineering. The
primary trigonometric functions include sine (sin), cosine (cos), tangent (tan), cosecant (csc), secant
(sec), and cotangent (cot).

There are several types of trigonometric identities, including:

- Pythagorean Identities: Derived from the Pythagorean theorem.

- Reciprocal Identities: Relate the primary functions to their reciprocals.

- Quotient Identities: Express the tangent and cotangent functions in terms of sine and cosine.
- Co-Function Identities: Relate the trigonometric functions of complementary angles.

- Even-0dd Identities: Describe the behavior of trigonometric functions with respect to negative
angles.

Key Trigonometric Ildentities

Below are some of the most important trigonometric identities that students should be familiar with:

Pythagorean Identities

1.\(\sin™2(x) + \cos™2(x) =1\)
2.\( 1+ \tan™2(x) = \sec™2(x) \)
3.\(1 + \cot™2(x) =\csc™2(x) \)

Reciprocal Identities

1.\(\sin(x) = \frac{1}{\csc(x)} \)
2.\(\cos(x) = \frac{1}{\sec(x)} \)
3. \(\tan(x) = \frac{1}{\cot(x)} )



Quotient Identities

1. \( \tan(x) = \frac{\sin(x)}{\cos(x)} \)
2. \(\cot(x) = \frac{\cos(x)}{\sin(x)} \)

Co-Function Identities

\(\sin\left(\frac{\pi} {2} - x\right) = \cos(x) \)
(\cos\left(\frac{\pi} {2} - x\right) = \sin(x) \)

1.
2.\
3.\(\tan\left(\frac{\pi} {2} - x\right) = \cot(x) \)

Even-Odd Identities

1. \(\sin(-x) = -\sin(x) \) (Odd function)
2. \(\cos(-x) = \cos(x) \) (Even function)
3. \(\tan(-x) = -\tan(x) \) (Odd function)

Trigonometric Identities Worksheet

To facilitate practice, here is a worksheet composed of various problems that require the application
of trigonometric identities.

Worksheet Problems:

1. Prove that \( \sin™2(x) + \cos™2(x) = 1\).

2. Simplify \( \frac{1 - \cos(2x)} {\sin(2x)} \).

3. Prove that \( \tan(x) + \cot(x) = \sec(x) \cdot \csc(x) \).

4. Verify that \( \sin\left(\frac{\pi} {2} - x\right) = \cos(x) \).

5. Show that \( \tan(x) \cdot \cot(x) = 1\).

6. Simplify the expression \( \frac{\sin~2(x)}{1 - \cos™2(x)} \).
7. Prove that \( \sec(x) - \cos(x) = \tan”2(x) \cdot \sin(x) \).

8. Show that \( \sin(2x) = 2\sin(x)\cos(x) \).

9. Verify the identity \( 1 + \tan”2(x) = \sec”™2(x) \).

10. Prove that \( \sin™*2(x) = \frac{1 - \cos(2x)} {2} \).

Answers to the Worksheet Problems

Here are the detailed solutions to the worksheet problems provided above.

1. Prove that \( \sin™2(x) + \cos™2(x) = 1).

This is a fundamental identity derived from the Pythagorean theorem.



2. Simplify \( \frac{1 - \cos(2x)} {\sin(2x)} \).

Using the double angle formulas, we have:

\[ \sin(2x) = 2\sin(x)\cos(x) \]

\[ \cos(2x) = 1 - 2\sin™2(x) \]

The expression becomes:

\[ \frac{1 - (1 - 2\sin”™2(x)) } {2\sin(x)\cos(x)} = \frac{2\sin"2(x)}{2\sin(x)\cos(x)} =
\frac{\sin(x)}{\cos(x)} = \tan(x) \]

3. Prove that \( \tan(x) + \cot(x) = \sec(x) \cdot \csc(x) ).

Starting with the left side:
\[ \tan(x) + \cot(x) = \frac{\sin(x)}{\cos(x)} + \frac{\cos(x)} {\sin(x)} = \frac{\sin™2(x) +
\cos™2(x)}{\sin(x)\cos(x)} = \frac{1}{\sin(x)\cos(x)} = \sec(x) \cdot \csc(x) \]

4. Verify that \( \sin\left(\frac{\pi} {2} - x\right) = \cos(x) \).

This is a co-function identity that holds true.

5. Show that \( \tan(x) \cdot \cot(x) = 1).

Using the definitions:

\[ \tan(x) = \frac{\sin(x)} {\cos(x)}, \quad \cot(x) = \frac{\cos(x)} {\sin(x)} \]

So,

\[ \tan(x) \cdot \cot(x) = \frac{\sin(x)}{\cos(x)} \cdot \frac{\cos(x)} {\sin(x)} = 1 \]

6. Simplify the expression \( \frac{\sin"2(x)}{1 - \cos™2(x)}
\).

Using the Pythagorean identity \( 1 - \cos™2(x) = \sin™2(x) \):
\[ \frac{\sin~2(x)} {\sin~2(x)} = 1\]

7. Prove that \( \sec(x) - \cos(x) = \tan”™2(x) \cdot \sin(x) \).

Starting with the left side:
\[ \sec(x) - \cos(x) = \frac{1}{\cos(x)} - \cos(x) = \frac{1 - \cos™2(x)}{\cos(x)} =
\frac{\sin™2(x)}{\cos(x)} = \tan”2(x) \cdot \sin(x) \]

8. Show that \( \sin(2x) = 2\sin(x)\cos(x) \).

This is the double angle formula for sine.



9. Verify the identity \( 1 + \tan”~2(x) = \sec™2(x) \).

Using the definitions:

\[ \tan(x) = \frac{\sin(x)} {\cos(x)} \Rightarrow \tan”~2(x) = \frac{\sin™2(x)} {\cos”~2(x)} \]

Then:

\[ 1 + \frac{\sin™2(x)}{\cos™2(x)} = \frac{\cos™2(x) + \sin™2(x)}{\cos”™2(x)} = \frac{1}{\cos™2(x)}
= \sec”™2(x) \]

10. Prove that \( \sin”™2(x) = \frac{1 - \cos(2x)}{2} ).

Using the double angle formula for cosine:
\[ \cos(2x) = 1 - 2\sin™2(x) \]

Rearranging gives:

\[ \sin™2(x) = \frac{1 - \cos(2x)}{2} \]

Conclusion

The study of trigonometric identities is essential for mastering various mathematical concepts and
applications. The worksheet provided is a valuable tool for practicing the application of these
identities, and the answers serve as

Frequently Asked Questions

What are trigonometric identities?

Trigonometric identities are equations that involve trigonometric functions and are true for all values
of the variables involved, used to simplify expressions and solve equations.

What types of trigonometric identities are commonly used?

Common types include Pythagorean identities, reciprocal identities, quotient identities, co-function
identities, and even/odd identities.

How can a trigonometric identities worksheet help students?

A trigonometric identities worksheet provides practice problems to help students understand and
apply the identities, improving their problem-solving skills in trigonometry.

Where can | find a trigonometric identities worksheet with
answers?

Trigonometric identities worksheets with answers can be found on educational websites, math
resource platforms, and teacher resource sites like Teachers Pay Teachers.



What is the Pythagorean identity for sine and cosine?

The Pythagorean identity states that sin?(x) + cos?(x) = 1 for any angle x.

What are reciprocal identities in trigonometry?

Reciprocal identities relate the primary trigonometric functions to their reciprocals: sin(x) = 1/csc(x),
cos(x) = 1/sec(x), and tan(x) = 1/cot(x).

How do you verify trigonometric identities?

To verify trigonometric identities, manipulate one side of the equation using algebraic techniques
until it matches the other side.

What is the role of a trigonometric identities worksheet in
exam preparation?

It helps reinforce understanding, aids in memorization of identities, and provides practice with a
variety of problems that may appear on exams.

Can trigonometric identities be used to simplify complex
expressions?

Yes, trigonometric identities are often used to simplify complex expressions, making them easier to
evaluate or solve.

Are there online tools for practicing trigonometric identities?

Yes, there are many online tools and apps that provide interactive practice with trigonometric
identities, including quizzes and worksheets.
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